With the massive penetration of intermittent generation (wind and solar), the reduction of Electrical Power Systems' (EPSs) inertial frequency response represents a new challenge. One alternative to deal with this scenario may be the application of a Battery Energy Storage System (BESS). However, the main constraint for the massive deployment of BESSs is the high acquisition cost of these storage systems which in some situations, can preclude their use in transmission systems. The main goal of this paper is to propose a systematic procedure to include BESSs in power system aiming to improve the power system frequency response using full linear models and geometric measures. In this work, a generic battery model is developed in a two-area test system with assumed high wind penetration and full conventional generators models. The full power system is linearized, and the geometric measures of controllability associated with of the frequency regulation mode are estimated. Then, these results are used to identify the most effective point of connection for a BESS aiming at the improvement of the power system frequency response. Nonlinear time-domain simulations are carried out to evaluate and validate the results.
Introduction
One of the major causes of current climate change is the energy generated from coal-fired power plants that emit greenhouse gases (GHGs). The current climate change is responsible for increases the temperature as well as the sea level. At this juncture, due to the growing concern for the environment, there is a need to increase the sustainable energy production. Although the increase of sustainable energy is not a universal tendency, in some South American countries, the increasing investment in wind generation entails the shutdown of conventional generation plants to reduce the GHG emissions. One of the main challenges, related to wind generation, is the low inertial content of this type of generation since the reduction on the power system inertia leaves the electrical system vulnerable to load/generation changes associated with sub-frequency transients. Another critical challenge is frequency control, which is designed to correct the frequency deviations caused by load/generation variations.
For several years conventional generation has played a key role for inertial response and frequency control, due to the inertia of the spinning masses (rotors) of the synchronous generators, which prevent sudden variations of power system frequency. Although wind turbines can also contribute to power system frequency response, though adequately controlled power converters together with mechanical pitch controls, the increase in wind generation penetration leads to a tendency to reduce the EPS
•
A systematic approach to identifying the most effective point of connection for a BESS aiming the power system frequency response; • Different from other works presented in literature, in this paper, the studies are carried out using full models; • All the obtained results are based on linear models.
This paper is organized as follows: Section 2 describes the BESS generic model. Section 3 presents the test system utilized for the case study. Section 4 describes the battery allocation methodology for the improvement of frequency response in EPS. Section 5 presents some application results of the methodology described in the previous section. Finally, Section 6 addresses the work conclusions and presents some suggestions for future work.
BESS Generic Model
BESS devices are not a mature technology, and the mathematical models are still dependent on the specifications of manufacturers. In the literature, different approaches are trying to tackle the BESS modeling, such as those mentioned in [5, 6, [9] [10] [11] [12] [13] [16] [17] [18] [19] [20] [21] [22] [23] . As a result, the development of a generic model to represent the dynamic performance of BESS models is a challenge. The authors of [16] proposed a generic model for transient stability based on the Shepherd model [16] , which considers the essential proprieties of a BESS such as the State of Charge (SOC), the Depth of Discharge (DoD) and the State of Health (SoH). SOC represents the ratio of current charge capacity to total battery capacity. The DoD represents the size of battery charging and discharging cycle. High DoD stresses the battery and has a considerable influence on the aging of the storage device. The SoH is defined by the ratio between actual and initial battery storage capacity and reduces over time due to degradation [6] . An overview of the BESS model developed [16] and used in this work is given is the following sections. Figure 1 illustrates the BESS main components and how they are connected to the grid. Figure 2 shows the BESS modeling organized in block diagrams, developed in MATLAB/Simulink. Energies 2018, 11, 763 In Figure 2 , the output currents i acd and i acq of the voltage source converter block form a complex current i ac that, shifted in phase by the respective angle θ dq of each generator, give the battery output current at grid reference (i ac grid ). The angle θ dq is related to dq axis of each generator, calculated by tracking the grid voltage angle (θ ac ) of the respective generator. The description of the blocks is presented as follows.
Model Development
2.1.1. Battery Control Block Figure 3 shows the subsystem of battery control block (adapted from [16, 23] ).
In the battery control block, the frequency variation signal of the generators (∆f) is the signal input for active power control. After that, the signal passes through a dead-band filter to eliminate very low frequencies variations in the battery, i.e., the battery does not operate for small error signals. A low-pass filter is used to avoid that fast frequency variations, harmonics and noises affect the control accuracy. The low-pass filter output signal is passing through a proportional-integral control, with gains K pu and K iu . The resulting signal of this block is a duty cycle signal, which passes through a limiter block to eliminate large signal variations. 
Battery Block
Some equations are introduced to describe the battery block. Several works represent the dynamics of a rechargeable battery cell using the Shepherd model [16, 23] , which can be described by Equations (1)-(3):
.
where q e is the normalized extracted capacity, in per unit, relative to the nominal capacity of the battery (Q n ), in Ah. The i b is the battery current; i m is the battery current passed through a low-pass filter; T m is a time constant of the low-pass filter; v oc is the open-circuit voltage; v p is the polarization voltage; v e is the exponential voltage. Finally, β e is the exponential zone time constant inverse; R i is the battery internal resistance and v b is the battery voltage. The polarization voltage variation relative to q e and i m is given by Equations (4) and (5) [16, 23] :
where R p is the polarization resistance; K p is a polarization constant; and SOC represents the battery state of charge, in per unit.
The battery state of charge is given by (6) [16, 23] :
where the battery extracted capacity Q e (Ah). Since v p is nonlinear, then, depending on the state of the battery (charge or discharge), two different sets of equations can be obtained by applying the generalized proposed model. Therefore, the proposed model is capable of switching from one set to another depending on the BESS operation [16] .
A DC/DC converter (boost converter) is used in the connection between the battery and the Voltage Source Converter (VSC). The battery connection to the VSC is represented by Equations (7) and (8) [16, 23] :
where u is the duty cycle of the boost converter; n p and n s are the number of parallel and series connected battery cells, respectively; and v dc and i dc are the voltage and output current of the boost converter, respectively. More details about these equations can be found in [16] . Figure 4 shows the scheme of association between the battery and the boost converter [23] . According to [23] , the voltage v dc is obtained from the current i dc and connection capacitor C dc , through (9) :
From Equations (1) and (2), two transfer functions are obtained, as shown in Figure 5 . Isolating i b in (3) yields (10) , for the calculation of the battery current:
Equations (4) and (5) are used to calculate the polarization voltage, which depends on the current i m . If i m is greater than zero, (4) is used, otherwise (5) is used. The calculation of the battery state of charge is obtained from (6) . From (8) is possible to calculate the output current of the boost converter (i dc ).
Isolating v b in (7), we have (11), used to calculate the battery voltage: Figure 6 shows the subsystem of the battery block. Figure 7 shows the subsystem of the voltage source converter control block (adapted from [16] ). The design of the controller was realized following classical control methods.
Voltage Source Converter Control Block
To design suitable controllers, the quantities in alternating current (AC) are expressed using a dq reference axis. This axis rotates with the same speed as the grid voltage phasor v ac . In practice, this is possible through a Phase-Locked Loop (PLL), which is a control system that forces the angle of the axis dq (θ dq ) to track the angle of the grid voltage (θ ac ) [16] .
The PLL block, inside the voltage source converter control block, is shown in detail in Figure 8 [16] . The grid voltage v ac can be expressed on the dq axis through (12) [16] :
From (12), we have the expressions for v acd and v acq : Figure 9 shows the subsystem of voltage source converter block (adapted from [16] ). In Figure 9 , the gain (−1/C dc ) and the integrator (1/s), for the calculation of voltage v dc from the current i dc , are described using (9) . The open circuit voltage of the capacitor (v oc ) is an initial condition of the integrator and represents the open circuit voltage of the capacitor C dc . 
Voltage Source Converter Block

Test System for a Case Study
The model of the EPS studied in this work (adapted from [24] ) is an 11-bus test system with two operating areas, consisting of four generating units, being three conventional generators composed of steam thermal turbines and one wind farm modeled with an equivalent generator representing 600 wind turbines of 1.5 MW. The wind turbine-generator uses the Type-3 doubly-fed asynchronous generator (DFAG) model. In the DFAG technology, a wind turbine can operate at variable speed and respond to a time-varying wind profile as input. The model also considers the physical limits of the machine, considering the lower and upper limits of pitch angle, power injection and rates of change. Power-electronics interfaces that contain power transfer of DFAGs can be modeled as a controlled current injection to the grid [25] . The references [25] [26] [27] give further details on wind turbine modeling. The wind farm operates at Maximum Power Point Tracking (MPPT) and does not contribute to the frequency control keeping a constant generation (700 MW) throughout the simulation. Tests will be made with BESS connected to the generation buses equipped with substations (1, 2, 3 and 4) and to bus 8. The power flow between areas was set equal to zero, not exciting inter-area oscillations and the inertia of G1 was decreased to create a low-inertia area. The single-line diagram of the test system is shown in Figure 10 , and all the parameters are presented in Appendix A. A linear version of this system was obtained using the linmod function form MATLAB/Simulink. 
Methodology
The task of selecting the most effective point of connection for a BESS to improve the frequency response of EPS is not trivial. Variables such as frequency sag at the first oscillation (frequency nadir) are strongly related to system transient response, resulting in the need for intensive use of time-domain simulations. In this work, it is proposed to use a small-signal stability analysis, obtained with the linearization of the test system model implemented in MATLAB/Simulink, to identify the best connection buses for a selected number of BESSs. Specifically, controllability analysis using eigenvalues are carried out. The proposed approach can be executed as a computer algorithm and may help to identify the best point of connection from a BESS. Subsequently, optional nonlinear simulations may be performed to validate the small-signal analysis.
Preliminary
From the perspective of the Independent System Operator (ISO), the main goal is to improve the power system frequency. However, this is a challenge because there is not a unique power system frequency. The frequency variation will depend on the bus location, and the devices connected close to them. One potential alternative to analyzing the power system frequency, using linear models, is identifying the frequency regulation mode. In [15] , the authors showed how to identify the frequency regulation mode changing droop gain (R) of the governors. In this work, we apply the same procedure changing the droop gain and verifying what modes are the most affected by these changes. Afterward, we analyze the controllability of the frequency regulation mode selected to identify the most effective point of connection for a BESS based on controllability indexes. The controllability is measured from input signals of the mechanical torque of thermal turbines (Tm) and of the mechanical torque of the wind turbine (Tm_wind).
Proposed Approach
Initially, the system conditions must be checked to verify the candidate buses and the number of BESS devices that will be installed. The candidate buses are selected based on infrastructure capacity such as a high-voltage substation, and the investment capacity of the utility defines the number of BESS devices. The proposed approach is divided into two main steps: identifying the frequency regulation mode and geometric measures analysis (controllability). These two steps are repeated until the number of BESSs is distributed along the system. In the following sections, these two main steps are described in details.
Step (I): Identification of Frequency Regulation Modes and Selection of Interest Mode
This first step is based on the study with frequency regulation modes proposed in [15] . A study was made changing the droop constant (R p ), to vary the droop gain (1/R p ), in the primary frequency control loop of the synchronous generators. Considering the linear representation of the Electrical Power System, described by (15) and (16):
where x is the state vector (vector n); y is the output vector (vector m); u is the control vector (vector r); A is the state matrix (matrix n × n); B is the control matrix (matrix n × r); and C is the output matrix (matrix m × n). From the linear system, the droop of generators is changed aiming to identify the groups of eigenvalues that are mostly affected by this perturbation. Figure 12 shows the groups of eigenvalues (electromechanical modes) that are most affected by the changes in the droop. The eigenvalues are identified and analyzed in the next step.
In Figure 12 , point B refers to eigenvalues with the original value of the droop gain. Point A refers to the corresponding eigenvalues with a decrease of droop value, and point C refers to corresponding eigenvalues with an increase of droop value.
In addition to the study proposed in [15] , it is possible to calculate the distances of the eigenvalues obtained for the linearized EPS with the variation of the constant R p in relation to the eigenvalues for the original linearized system droop values (R p ). Figure 13 shows how to calculate the distances between the eigenvalues in each group. (17) and (18):
The eigenvalue group with the largest distance is selected, considering d 1 and d 2 . The eigenvalues of point B (with the original droop values) of the identified group represent the frequency regulation mode selected for step (II).
Step (II): Controllability Analysis of Selected Mode
For the eigenvalues of the frequency regulation mode selected in step (I), controllability is verified through an algorithm based on geometric measurements. This algorithm, proposed by [28, 29] , is described below. Considering the matrix A from Equation (16), with n distinct eigenvalues (λk, k = 1, ..., n) and matrices corresponding to the left and right eigenvalues, given by Ψ and T. The geometric measures of controllability (m ci ) associated to the mode k is given by (19) [28, 29] :
with b i being the i-th column of the input matrix B (corresponding to the i-th input) and c j the j-th line of the output matrix C (corresponding to the jth output); α(Ψ k , b i ) is the geometric angle between the input vector i and the kth eigenvector on the left. Geometrically, controllability can be interpreted as the cosine of the angle between the vectors b T i and Ψ k . If the cosine of this angle is close to zero, b T i and Ψ k are practically orthogonal, indicating a low controllability index of the mode analyzed. Therefore, the greater the angular aperture between the vectors, the better the controllability of the oscillation mode analyzed. The algorithm aims to indicate how much the nth mode of the system is controlled from the outputs and inputs specified in the EPS [28, 29] . For the selected mode, the generating unit (synchronous generator or the wind farm) associated with the input signal with the highest controllability index is verified, and the analysis indicates that BESS can be more effective in reducing frequency sag at the first oscillation (frequency nadir) when connected to the bus of this generator.
Algorithm
The following algorithm can summarize the proposed approach:
i.
Obtain the power system linear model; ii. Check to if there is already BESS devices installed in the system. The bus with a BESS device already installed is not considered as a candidate bus; iii. Select a set of candidate buses (Bc) and the maximum number of BESS devices (n = 1, 2, . . . , nd) that will be installed; iv. while n ≤ nd a.
Variate the droop of generators and BESS (if it is already in the system); b.
Select the oscillation mode with the maximum variation (frequency regulation mode); c.
Estimate the controllability using geometric measures; d.
The BESS must be installed on the bus with the maximum controllability; e.
Remove the selected bus from the set from candidate buses and decrease the number of BESS devices;
v. end vi. Time domain nonlinear simulation is validating the results (optional).
Application Results
This section presents some application results with the BESS model, using the battery allocation methodology described in Section 4. Studies will be realized to identify the best buses for the allocation of two BESS in the test system. Figure 14 shows the electromechanical eigenvalues with a variation of the droop gain (1/R p ). For each eigenvalue group highlighted in Figure 14 , the distances relative to the eigenvalues with the original droop (1/R p = 232.5582) were calculated using (18) and (19) . Table 1 shows the results for the calculation of the distances between eigenvalues, for each eigenvalue group with changes in the droop.
Allocation of the First BESS
Step (I): Identification of Frequency Regulation Modes and Selection of Interest Mode
According to Table 1 , the eigenvalues of group 5 presented the largest distance (0.3892), which occurred between points (A) and (B). Therefore, the eigenvalues of this group with the original droop value (−2.5460 ± j0.7549) represent the frequency regulation mode selected for controllability analysis, which will be done in step (II). Table 2 shows the controllability analysis for the eigenvalues of the mode selected in step (I). Table 2 shows that the mechanical torque of the thermal turbines (Tm) associated with generator 1 (G1) has the highest controllability index (0.000402). Then, the G1 bus presents the largest controllability, and the analysis indicates that the BESS can be more efficient in the reduction of frequency nadir when connected to the bus of this generator. 
Validation of Results through Nonlinear Simulations
For the analysis of nonlinear simulations of EPS using Simulink, the following disturbances cases were applied in the system: In the identification of the best bus for the connection of the first BESS in the system, the frequency of Center of Intertia (COI) and average frequency are verified. It is possible to extract the frequency of the COI of the system (f COI ) from (20) [30, 31] , from the measured frequencies of generators and its inertia constants (synchronous and wind farm):
where N is the number of generation units (synchronous machines and wind farm) in the system, H i and f i are, respectively, the inertia and the frequency of each generation unit.
(a) Case 1: Addition of 200 MW in load bus 7, at the instant of 1 s Figure 15 shows the behavior of the frequency of COI and average frequency in the first instants after the application of the disturbance, for tests with one battery in the EPS.
In Figure 15 the frequency of COI and average frequency show that the smallest frequency sag in the first oscillation occurs with the battery connected to the bus 1. Therefore, the best bus for the connection of the first BESS in the system is the bus 1.
(b) Case 2: Addition of 200 MW in load bus 9, at the instant of 1 s Figure 16 shows the behavior of the frequency of COI and average frequency in the first instants after the application of the disturbance, for tests with one battery in the EPS.
In Figure 16a the frequency of COI show that the smallest frequency nadir occurs with the battery connected to the bus 1 or 2. In Figure 16b the average frequency indicated that the smallest frequency nadir occurs with the battery connected to the bus 8. In this case, therefore, we have different results for the allocation of the first BESS in the system. 
Allocation of the Second BESS
In the study for the allocation of the first BESS in the system, the controllability analysis indicated that the best bus for the battery connection is in the bus of generator 1. Thus, in the analysis for the allocation of the second BESS will be considered the system with one battery allocated at bus 1. Figure 17 shows the electromechanical eigenvalues, with a variation of the droop gain (1/R p ). For each eigenvalue group highlighted in Figure 17 , the distances relative to the eigenvalues with the original droop (1/R p = 232.5582) were calculated using Equations (18) and (19) . Table 3 shows the results for the calculation of the distances between eigenvalues, for each eigenvalue group with changes in the droop. According to Table 3 , the eigenvalues of group 5 presented the largest distance (0.4283), which occurred between points (B) and (C). Therefore, the eigenvalues of this group with the original droop value (−2.2147 ± j0.5018) represent the frequency regulation mode selected for controllability analysis, which will be done in step (II). Table 4 shows the controllability and analysis for the eigenvalues of the mode selected in step (I). Table 4 shows that the mechanical torque of the wind turbine (Tm_wind) has the highest controllability index (0.000638), so the wind farm is the most controllable and the analysis indicates that the BESS can be more efficient in the reduction of frequency nadir when connected to the bus of this generation unit. 
Step (I): Identification of Frequency Regulation Modes and Selection of Interest Mode
Step (II): Controllability Analysis of Selected Mode
Validation of Results through Nonlinear Simulations
For the analysis of nonlinear simulations of EPS using Simulink, the same disturbances cases 1 and two applied for the allocation of the first BESS in the system were applied here. In the identification of the best bus for the connection of the second BESS in the system, the frequency of COI and average frequency are verified.
(a) Case 1: Addition of 200 MW in load bus 7, at the instant of 1 s Figure 18 shows the behavior of the frequency of COI and average frequency in the first instants after the application of the disturbance, for tests with two batteries in the EPS.
In Figure 18a , the frequency of COI indicated that all tests showed similar results for frequency sag in the first oscillation. However, in Figure 18b , the average frequency shows that lowest frequency nadir occurs when the BESS are connected to the buses 1 and 3 or the buses 1 and 4. In this case, the difference among the tests is very small because with two BESS connected in the system the assistance of the batteries in the reduction of frequency nadir is closed to the saturation. Figure 19 shows the behavior of the frequency of COI and average frequency in the first instants after the application of the disturbance, for tests with two batteries in the EPS.
In Figure 19 , the frequency of COI and average frequency shown that the nadir from BESS in bus 4 is similar to the bus 3. This difference is not significant showing the approach can help to identify the best point of connection. 
Conclusions
In this work, the application of a generic BESS model was analyzed in a test system with the participation of wind generation to verify the performance of the storage device in the assistance of inertial response and frequency control in energy systems. The main contribution of the paper is a systematic procedure to identify the best point of connection for a BESS based on the controllability of frequency regulation mode, through small-signal stability analysis steps. The controllability analysis with eigenvalues indicated that the best bus for the connection of one BESS in the system is bus 1 and, for the connection of two BESSs in the system, the best points of connection are buses 1 and 4. The nonlinear simulations showed coherence for most the results of the frequency nadir analysis, regarding the controllability analysis with eigenvalues for the BESS point of connection. Some suggestions for future work are: explore other store technologies such as hybrid systems (combining BESS with other technologies) and new control schemes and methods to coordinate control of all these different devices. Author Contributions: This paper is the main result of the master dissertation work of Thiago Pieroni, under guidance provided by Daniel Dotta.
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Appendix A
This appendix contains tables with model design parameters/constants and initial conditions. 
